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T. $0$ $\mathrm{h}$ sawa (Nag oya $\cup$ niversity)
1. $\Omega$ $\mathbb{C}^{n}$ , $K_{\Omega}(z, \overline{w})$ $\Omega$ Bergman . $K_{\Omega}$ ,
$\partial\Omega$ $\Omega$ $L^{2}$ , [H-1]
( [D], [P], [O-l, O-2], [C], [D-H], [B-S-Y] ) .
2. , Bergman
$ds_{\Omega}^{2}= \sum_{\alpha,\beta=1}^{n}\frac{\partial^{2}\log K\Omega(z,\overline{Z})}{\partial z^{\alpha}\partial\overline{z}^{\beta}}d_{\mathcal{Z}^{\alpha}\otimes d}\overline{z}\beta$
$\Omega$ . Hermite , Bergman
, K . $K_{\Omega}$ $ds_{\Omega}$ ,
( [F], [B-N]
) . . . ..
3. , Bergman
. , 6- $L^{2}$
. , [O-1] $\partial\Omega$ $C^{2}$ , $\delta_{\Omega}(z)$ $z$ $\partial\Omega$




. , [D-O] $\partial\Omega$ $C^{2}$ $ds_{\Omega}^{2}$ $\mathrm{d}\mathrm{i}\mathrm{s}\mathrm{t}_{\Omega}(z, w)$ $\partial\Omega$
$\delta_{\Omega}(z)$ .
1 $w\in\Omega$ , $c_{1},$ $c_{2}>0$
$\mathrm{d}\mathrm{i}\mathrm{s}\mathrm{t}_{\Omega}(z, w)>c_{1}\log|\log(C_{2}\delta\Omega(z))|-1$ .
- .




1 $z_{0}\in\Omega$ . , $c_{3},$ $c_{4}>0$ $z\in\Omega$
$\mathrm{d}\mathrm{i}_{\mathrm{S}\mathrm{t}_{\Omega}}(Z0, z_{1})>c_{3}\log|\log(_{C}4\delta_{\Omega}(_{Z}))|-1$ .
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5. - , Jarnicki-Pflug [J-P-1] , $ds_{\Omega}^{2}$ $\Omega$ , Minkowski
, $ds_{\Omega}^{2}$ ( [J-P-2] ). $\Omega$
$z\in\Omega$ $|\zeta|<1$ $\zeta\in \mathbb{C}$ $\zeta z\in\Omega$ ,








4 $\Omega\in \mathbb{C}^{n}$ nkowski Holder .
$c_{5},$ $c_{6}>0$ , $z\in\Omega$
$\mathrm{d}\mathrm{i}\mathrm{s}\mathrm{t}_{\Omega}(0, z)>c_{5}\log|\log(c6\delta_{\Omega}(Z))|$ $-$ $1$ .
6. $D\in \mathbb{C}^{n}$ $D’\in \mathbb{C}^{n-1}$ Hartogs , ,
$D=\{(z, w)\in D’\mathrm{x}\mathbb{C}||w|^{2}<e^{-\rho(z)}\}$ ( , $\rho$ $D’$ $[-\infty,$ $\infty$ ) )
. , $D$ $D’$ $\rho$
, . , Hartogs , $- \log(e^{-}\frac{1}{2}p(z)-|w|)$
$D$ $D’\cross \mathbb{C}$ . $\rho$ - $\log(e^{-\beta}(z)-|w|^{2})$
.
.















6 $\rho(z)$ , $-\log(e^{-\rho}(z)-|w|^{2})$ $(z, w)$ .
. ( [H-2] ) , $\rho$ $C^{\infty}$
$\{\rho_{\nu}\}_{\nu=1}^{\infty}$ . $-\log(e-p_{\nu}-|w|^{2})$ $\nu$
. , $-\log(e^{-}\rho-|w|^{2})$ .
( ) (1) . $K_{z}(w, \zeta)$ $D_{z}=\{w\in \mathbb{C}||w|^{2}<e^{-\rho(z)}\}$
Bergman . ,
$,$





$=|w|^{2}\{\sqrt{K_{z}.(w,\overline{w})\pi e^{\rho}}\partial\overline{\partial}\rho+\pi e^{\rho}K_{z}(w,\overline{w})\partial\log(’ e^{\rho}|w|^{2})\wedge\overline{\partial}\mathrm{l}\mathrm{o}\mathrm{g}‘(e^{\rho}|w|^{2})\}$





$+4\pi e^{-2c_{z}(}’ K_{z}0_{w)}(w,\overline{w})\partial c(z0, w)\wedge\overline{\partial}G_{z}(0,w)$
, Bergman Green – 1)
. , [Su], [M-Y] .
8. 3 . Minkowski , $\frac{h(z)}{|z|}(z\neq 0)$ $(z_{1}$ : $z_{2}$ :. . . : $z_{n})$ .
$\Omega$ $0\in \mathbb{C}^{n}$ , $( \frac{h(z)}{|z|})^{\pm 1}$ . $($ $=(\zeta_{2}, \ldots, \zeta_{n})$ ,
$\zeta_{i}=\frac{z_{i}}{z_{1}}(2<i<n)$ , $\lambda$ , $h(z)$
$h(z)$. $=|Z_{1}|\cdot(1+|\zeta|^{2})^{1}/2\lambda(\zeta)$ $(z_{1}\neq 0)$
. $\Omega$ , $\rho(z):=\log\{(1+|\zeta|^{2})^{1}/2\lambda(\zeta)\}$ . , $\lambda$




, $\varphi$ Hessian $\partial\overline{\partial}\varphi$ – .
, (2) $-\partial\overline{\partial}\rho$ . , $A_{0}$




, (3) $\epsilon$ ,
$\partial\overline{\partial}\varphi\geq\epsilon\partial\varphi\otimes\overline{\partial}\varphi$
. $\epsilon$ $\Omega$ .
, .
$-\partial\overline{\partial}e^{-\mathcal{E}}=\mathcal{E}\varphi\varphi e^{-\xi}(\partial\overline{\partial}\varphi-\mathcal{E}\partial\varphi\otimes\overline{\partial}\varphi)\geq 0$ .
, – .
9. ( ) $M$ , (hyperconvex)
. J. -P. Serre
$\mathrm{J}$ .-L. Stehl\’e [St] . Stein Stein
Stein . Stehl\’e Serre
. , J. -L. Ermine [E]
Reinhardt . , 3
. , Hartogs
. , Diedrich-Fornaess
. , $C^{\mathit{2}}$ $\Omega\in \mathbb{C}^{2}$ ,
$\rho$ .
( ) $0<\epsilon\ll 1$ $\epsilon$ , $A\gg 1$ $A$ , $-(-\rho)^{\epsilon}e^{-A|z}|^{2}$
.
$\overline{\partial}$ -Neumann . ( [O-S-1,
O-S-2] . )
Bergman [O-3, O-4] .
, $\mathbb{C}^{n}$ Bergman (
) . ( , [B-P]
. )
10. , [K] Bergman .
2 Bergman .
$M$ $n$ , $K_{M}$ $M$ . $(z_{1}, \ldots, z_{n})$
, $K_{M}$
$fd_{Z_{1}\mathrm{A}*\cdot\cdot\wedge}dZ_{n}$




$|f|2d_{Z}1\wedge\cdots\wedge d_{Z_{n}}\wedge d\overline{z}_{1^{\wedge}}\cdots\wedge d\overline{Z}n$
well-defind ($n$ , n)- .
,
$|| \omega||^{\mathit{2}}=(-1)^{\frac{n(n-1)}{2}}(\frac{\sqrt{-1}}{2})^{n}\int_{M}\omega\Lambda\overline{\omega}$ $(\in[0, \infty])$
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$||\omega||$ , $\omega$ $L^{\mathit{2}}$ . Cauchy , $L^{\mathit{2}}$
$K_{M}$ $A^{\mathit{2}}(K_{M})$ Hilbert . , $\{\omega_{\nu}\}_{\mathcal{U}=}^{\infty}1$
$A^{2}(K_{M})$ . ,
$\sum_{\nu=1}^{\infty}\omega(X)\wedge\overline{\omega_{\mu}(y)}\nu$




$\kappa_{M}$ . , , $\kappa_{M}(x,\overline{y})$
$\kappa_{M}(x,\overline{y})=K_{M}(z, \overline{w})dz1\wedge\cdots\wedge d_{Z}\wedge n^{\wedge d\overline{w}}1\ldots\wedge d\overline{w}_{n}$
. $K_{M}$ . $K_{M}(z,\overline{w})$ $z=(z_{1}, \ldots, z_{n})$
, $w=(w_{1},$ $\ldots$ , w .
, $x\in M$ $A^{2}(K_{M})$ $\omega(x)\neq 0$ \mbox{\boldmath $\omega$} . , $\mathbb{C}$
. , $M$ $(1, 1)$ -
$\partial\overline{\partial}\log$ KM $(_{Z,\overline{Z})}$




$\partial\overline{\partial}\log$ KM $(z, \overline{z})=\sum_{\alpha,\beta=1}g\alpha\overline{\beta}(\chi)dz_{\alpha}\wedge d\overline{z}_{\beta}$
, Hermite $(g_{\alpha\overline{\beta}})$ , $\partial\overline{\partial}\log K_{M}(Z,\overline{\mathcal{Z}})$ Hermite
$ds_{M}^{2}= \sum_{\alpha,\beta=1}^{n}g_{\alpha\overline{\beta}}(Z)d_{\mathcal{Z}}\alpha\beta\wedge d\overline{z}$ $M$ Bergman . $M$
.
Bergman ,
$M$ Bergman :. .. .
Bergman $M$ , $\{\omega_{\nu}\}_{\nu=1}^{\infty}$
$\iota$ : $M\ni x-$, $(\omega_{1}(x)$ : $\omega_{2}(x)$ :... : $\omega_{\nu}(x)$ :. . . $)$ $\in(A^{2}(K_{M})\backslash \{0\})/\mathbb{C}^{*}$
. , $\mathbb{C}^{*}=\mathbb{C}\backslash \{0\}$ . ..
$d_{S_{Fg}^{\mathit{2}}}$ $\partial\overline{\partial}\log||\omega||^{2}$ $(A^{2}(K_{M})\backslash \{0\})/\mathbb{C}^{*}$ Hermite . ,
$d_{S^{\mathit{2}}=\iota^{*}}dS^{2}MFS$
. , $M$ $\iota$ . $ds_{F}^{2}s$
, Bergman
.
$x,$ $y\in M$ , $|x,$ $y|$ $\iota(x)$ $\iota(y)$ $ds^{2}ps$ . $arrow\dot{}$ $|x,$ $y|$ $K_{M}(z,\overline{w})$
, ( $x,$ $y$ $z,$ $w$ ) . $K_{M}(z(x), z(y))$
$K(x, y)$ .
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7(4) $|x,$ $y|= \dot{\mathrm{A}}\mathrm{r}\mathrm{c}\mathrm{t}\mathrm{a}\mathrm{n}’...\frac{\sqrt{K(X,\overline{X})K(y,\overline{y})-|K(X,\overline{y})|^{2}}\prime}{|K(x,\overline{y})|}.\cdot$
. $B_{i}\in A^{2}(K_{M})$ $(i=1,2)$
$B_{1}=K(x,\overline{x})^{-\frac{1}{2}}K(u. ’\overline{x}).du1\wedge\cdots\wedge du_{n}$
$B_{2}=K(y, \overline{y})^{-}\frac{1}{2}K(u,\overline{y})du_{1}\wedge\cdots\wedge du_{n}$





, $(, )$ . , $|x,$ $y|$ $\mathbb{C}\cup\{\infty\}$ $\partial\overline{\partial}\log(1+|z|^{2})$ (
) $0$ $\frac{\omega_{2}(x)}{\omega_{1}(x)}$ . ,









(5) (6) (4) .
( ) [D-O] , 2 .
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